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Â 1927 ãîäó À.Å. Èíãàì ïîñòàâèë è ðåøèë ýëåìåíòàðíûì ìåòîäîì çàäà÷è ïîëó÷åíèÿ
àñèìïòîòè÷åñêèõ ôîðìóë äëÿ ÷èñëà J(n) ðåøåíèé óðàâíåíèÿ:

x1x2 − x3x4 = 1, x1x2 ≤ n.

Â 1931 ãîäó Ò. Ýñòåðìàí [3] êðóãîâûì ìåòîäîì âûâåë àñèìïòîòè÷åñêóþ ôîðìóëó
J(n) = nP2(lnn) + R(n), ãäå P2(t) � ìíîãî÷ëåí ñòåïåíè 2, à R(n) = O(n11/12 ln17/3 n).
Â 1979 ãîäó Ä. È. Èñìîèëîâ [1], ðàçâèâàÿ ìåòîä Ò. Ýñòåðìàíà, äîêàçàë, ÷òî R(n) =
O(n5/6+ε), ãäå ε > 0 � ñêîëü óãîäíî ìàëàÿ ïîñòîÿííàÿ. Â 1982 ãîäó Æ.-Ì. Äåçóéå è
Õ. Èâàíåö [2], èñïîëüçóþ îöåíêó ñóììû ñóìì Êëîñåðìàíà, äîâåëè îñòàòîê äî R(n) =
O(n2/3+ε).

Ðàññìîòðèì çàäà÷ó, ðîäñòâåííóþ ïðîáëåìå äåëèòåëåé Èíãàìà. Ïóñòü
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Îñíîâíîé ðåçóëüòàò èçëîæåí â òåîðåìå.
Òåîðåìà. Ïóñòü ε � ïðîèçâîëüíîå ïîëîæèòåëüíîå ÷èñëî, n ∈ N, h � íàòóðàëüíîå

÷èñëî, òàêîå, ÷òî h ≡ 0 (mod 4), h ≤ nε. Ñïðàâåäëèâà àñèìïòîòè÷åñêàÿ ôîðìóëà
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) � ñóììà Ãàóññà. Ñóììà îñîáîãî ðÿäà àñèìïòîòè÷åñêîé

ôîðìóëû ïîëîæèòåëüíà.
Äîêàçàòåëüñòâî ïðîâîäèòñÿ êðóãîâûì ìåòîäîì ñ èñïîëüçîâàíèåì îöåíîê äëÿ ñóììû

ñóìì Êëîñòåðìàíà.
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